1. Introduction. Let G be a connected Lie group and T7 a closed subgroup. Then the homogeneous space A/= G/TT is called reductive if in the Lie algebra g of G there exists a subspace m such that g = m + h (subspace direct sum) and [ft, m] c m where ft is the Lie algebra of T7 (see [4] , [5] ). In this case the pair (g, 6) is called a reductive pair and the subspace m can be made into an anti-commutative algebra as follows. In particular (6) says the mappings ad", U: m-ym: X-y-[U, X] are derivations of the algebra m. Using these identities, there was established in [6] a correspondence between simple algebras m and holonomy irreducible simply connected spaces G/TT which are not symmetric (tnm=0 if and only if G/TT is a symmetric space) ; for example, if G/TT is riemannian, then G/77 is holonomy irreducible if and only if m is a simple algebra. In this paper, we consider pairs (g, ft) where g is a simple Lie algebra over a field F of characteristic zero and ft is either semisimple, or regular and reductive (see [2] ). In each case we show that the associated m is either simple or abelian (m2=0). This together with [6] shows in particular that if G is a simple connected Lie group and T7 a closed semisimple or regular reductive Lie subgroup of G such that G/TT is simply connected, then either G/TT is a symmetric space or G/TT is holonomy irreducible. This is a reasonable account of the situation since it can be shown that if G/Z7 is a holonomy irreducible pseudo-riemannian reductive space with G simple, then f) is a reductive subalgebra of g. 
But since [n, n']sq by hypothesis, q contains [f)(n, n), n'] (using (3)) and f)(n, n'). Since nn's n (n is an ideal of m), [q, n'] £ q. Thus q is an ideal of g. Theorem 1. Let g be a split simple Lie algebra. Let ft be a reductive subalgebra of g which is normalized by a split Cartan subalgebra c of g (i.e., ft is reductive and regular [2] ). Then ft has an ad(c + fy-stable complement rrt. Such an m is either simple or abelian (tn2 = 0).
Proof. We first show that c + ft is reductive. Letting g = g0 + 2 9« be the root space decomposition of g, it suffices to show that for a#0, ga£c + ft implies g_a£c + ft [7, p. Thus we have nnn*=0 and n + n" = m. Thus n n g0 = (n n g0)'T=0 (since cr|g0 = -id8o). Thus m n g0 = n n g0 + (n n g0)ir=0. It follows that Zi(m, f)) = 0 (e.g., m = 2aes 8« for some set S of nonzero roots, and ae S implies -a e S which implies g_a^fj and therefore B(qa, b) = 0). Also B(n, n)=0 (e.g., n = 2aeT qa for some set T of nonzero roots, and aeT implies -a$T which implies 7J(ga, n) = 0). It follows from Lemma 3 that [n, n] = nn = b(n, n)=0. Thus n^n^O. Finally m2 = (n + n")2 = n2 + nn" + (n0)2 £0 + nnrt"+0=0, a contradiction.
3. The semisimple case. We now consider the reductive pair (g, f>) where g is a simple Lie algebra and b is a semisimple Lie subalgebra. We note that the Killing form B( ,) of g restricted to b is nondegenerate. =0} is an ad b-stable ideal of m. Thus n n n1 is an ad f)-stable ideal of m; and since n is minimal, either n n ^=0 or n n n1 = n.
In case n n n± = 0 we have rrt = n © n1. And we know from Lemma 3 that [n, nx]=0. Thus q = n + b(n, n) is a proper ideal of g by Lemma 2. This contradiction shows we must have n n n1 = n.
In the case n n nx = n we can find an ad b-stable complement, n' (since ad h. is semisimple and therefore completely reducible); and we write m=n+n'. Thus since Z?(n, n)=0, to show that n = 0 it suffices to show Z?(n, n')=0.
To find a formula for B(X, Y) with X, Y em, define e(X) and 8(X) by Therefore on n we have <r(X, Y) = ad" t)(X, Y) and since U -*■ adn U is a representation of the semisimple Lie algebra ft, 0 = tr adn t)(X, T)=trn o(X, Y). Thus F(n, n')=0 and nt is simple, a contradiction. Thus either m2 = 0 or m is simple.
